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Abstract 

This thesis presents the studies on the optical properties and applications of three types 

of periodic plasmonic structures, which were investigated by simulation using the 

Rigorous Coupled Wave Analysis (RCWA) method, and by experiments through 

angular-dependent reflectivity measurements. The optical responses such as reflectivity, 

transmittance and electric field enhancement at the nanometer scale depend on the 

shape and size of nanostructures, which play pivotal roles in the design of devices based 

on the surface plasmon resonance (SPR) effect.  

First of all, two-dimensional plasmonic nano-pillar structures were simulated. In such 

samples with Au/photoresist as the metal/dielectric materials, a thin gold layer was 

deposited perpendicularly on photoresist pillars, leading to isolated gold caps on 

dielectric pillars that are in turn surrounded by a perforated gold film. Propagating 

surface plasmon resonances (PSPRs) on the perforated film, and localized surface 

plasmon resonances (LSPRs) at the gold caps, were simultaneously observed in such a 

structure. For the electric field distribution, the incident wave was confined at the 

Amonil pillars due to the coupling of resonant modes for the perforated gold film and 



Abstract  

              

THE HONG KONG POLYTECHNIC UNIVERSITY 

Ng Ki Fung Page III 

 

the isolated gold capping layer. Reflection dips were blue-shifted and became sharper 

with increasing height of the dielectric pillars. The usage of such a device structure for 

refractive index sensing was discussed. 

For the second part of the project, plasmonic Au nanostructures with fractal behavior 

were investigated by RCWA technique. Fractal patterns that show self-similar behavior 

and space-filling geometrical arrangement can cause unique optical properties such as 

transmission enhancement.  A type of fractal nanostructure based on Au film/glass 

substrate system was investigated in this thesis. The fractal pattern was named as center 

fractal nanostructure in the thesis, as the self-similarity effect occurs at the center of the 

structure. The effects of three structural parameters (edge length, periodicity and order) 

on the SPR (transmission dip) were studied. The electric field intensity enhancement 

factor was boosted with increasing order of the fractal pattern nanostructure. In 

particular, an electric-field intensity enhancement of ~ 70 times was achieved for the 3
rd

 

order fractal pattern studied in this work. As compared with a continuous planar gold 

film on glass, transmission enhancement peaks were observed in the fractal 

nanostructure, and the transmission peak positions were controlled by the edge length of 

the fractal nanostructure. Properly designed nanostructures are known to produce so-
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called hot spots for locally enhancing the incident wave intensity. Such a structure is of 

potential for center fractal nanostructure to be used in antennas.  

Finally, SPR tuning via thermally-induced refractive index change in ferroelectric 

polymer P(VDF-TrFE) was studied. The transition behavior of the copolymer was 

found to be dependent on the thermal history. The refractive indices of P(VDF-TrFE) 

were 1.3886 and 1.3637 at 633 nm and 80
o
C during heating and cooling processes 

respectively. One-dimensional gratings with periodicity 750 nm were used to excite the 

SPR. The resonant wavelength was found to change during the heating and cooling 

process. The experimental results of reflectivity measurement were compared with the 

simulation results. The results indicated the feasibility of bistable SPR in solid-state 

structures. 
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Chapter 1  

Introduction  

1.1 Background 

In the last few decades, there was a rapid development in various optical techniques. 

However, it is difficult for conventional photonic devices to reduce the element sizes to 

the nanometer scale due to Abbe’s diffraction limit (about one-half of the optical 

wavelength). Excitation of surface plasmon polaritons (SPPs) can overcome the 

diffraction limit and offer a promising approach to control and manipulate the 

propagation and dispersion of light in the nanometer scale [1].  

The first scientific study of surface plasmon was reported in 1902, when Wood observed 

an unexplained optical reflection from metallic gratings [2]. Then, bright color in metal-

doped glasses was observed by Maxwell and Garnett [3]. In 1908, Mie developed the 

theory of light scattering by spherical particles [4]. Pines proposed the characteristic 

energy losses experienced by fast electrons travelling through metals in 1956, and 

attributed these losses to collective oscillations of free electrons in the metal, which was 

called “plasmons” [5]. In the same year, Fano suggested the term “polaritons” for the 
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coupled oscillation of bound electrons and light inside the transparent media [6]. After a 

year, Ritchie gave the first theoretical description of surface plasmons [7]. The plasmon 

modes were found to exist near the surface of metals, and he described the anomalous 

behavior of metal gratings in term of surface plasmon resonance (SPR) excited on the 

gratings [8]. Otto and Kretschmann suggested optical excitation of surface plasmons on 

metal films [9]. After the early days of surface plasmon research, the attention gradually 

changed to applications of surface plasmons [1]. Various surface plasmon-based optical 

devices and techniques have been developed, such as waveguides [10-17], solar cells 

[18-21], chemical sensing [22-24] and biosensing [25-32], etc. 

1.2 Scope of the present study 

The main objective of this research is to study the optical properties and applications of 

three types of periodic plasmonic nanostructures, which were studied by simulation 

using the Rigorous Coupled Wave Analysis (RCWA) method and by experiments. The 

optical responses such as reflectivity, transmittance, and electric field intensity 

enhancement at the nanometer scale depend on the shape and size of the nanostructures, 

which play pivotal roles in the design of devices based on the SPR effect.  
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This thesis consists of six chapters. After an introduction and literature review about the 

theory of surface plasmon and recent research in this Chapter, methodologies of the 

simulation and experiments are given in Chapter 2.  

In Chapter 3, two-dimensional plasmonic nano-pillar structures consisting of top gold 

caps and perforated gold films were studied. The optical response of the nano-pillar 

structures was studied by simulations and experiments. Propagating surface plasmon 

resonances (PSPRs) on the perforated films, and localized surface plasmon resonances 

(LSPRs) at the gold caps, were simultaneously observed in such a structure. Also, the 

coupling surface plasmon resonances (CSPRs), which were formed by the coupling 

between two types of SPRs, were observed in the structure. 

In Chapter 4, the center fractal nanostructures were designed for boosting the electric 

field intensity enhancement performance. The fractal pattern shows self-similar 

behavior and space-filling geometrical arrangement, and can cause some unique optical 

properties such as transmission enhancement. The effects of different structural 

parameters (edge length, periodicity and order) on the SPRs were studied.  

In Chapter 5, tunable surface plasmon structures working in the visible range was 

designed and implemented. One-dimensional gratings were constructed from gold and 
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ferroelectric polymer P(VDF-TrFE) thin films. The shift of SPR position by thermal 

tuning was observed.  

Conclusions are then given in Chapter 6.  

1.3 Contribution of co-workers  

Dr. C.W. Leung, Dr K. L. Jim and I conceived ideas and designed simulation models 

and experiments. I performed all the RCWA simulations and the angular reflectivity 

experiments, with the assistance from collaborators in the Chinese University of Hong 

Kong. X. Fang measured the refractive of ferroelectric polymer P(VDF-TrFE). I 

performed the analysis of data. 

1.4 Literature review 

1.4.1 Electromagnetic theory of surface plasmons 

Surface plasmons are quantized electromagnetic surface waves that are localized at the 

interface between a metal and a dielectric material [33].  Electrons are bounded to the 

atoms in the case of dielectric materials, or they are free to move around as in the case 

of metals. The dielectric constant of a material strongly depends on the response of the 

electrons to the external field. For dielectric materials, the dielectric constant (𝜀𝑑1 for 

the real part and 𝜀𝑑2 for the imaginary part) can be expressed in terms of the Lorentz 
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model as [34, 35]: 

𝜀𝑑1 =
𝜔𝑝(𝜔𝑜

2 − 𝜔)

(𝜔𝑜
2 − 𝜔) + 𝛾2𝜔2

    (1.1) 

𝜀𝑑2 =
𝜔𝑝

2𝛾𝜔

(𝜔𝑜
2 − 𝜔) + 𝛾2𝜔2

    (1.2) 

where 𝜔 is the frequency of the electric field, 𝜔𝑜 is the natural oscillation frequency 

describing the restoring force, 𝛾 is the damping coefficient describing the energy loss 

due to scattering, 𝜔𝑝 is the plasma frequency defined as 𝜔𝑝 = 𝑛𝑒𝑒2/𝑚𝑒𝜀𝑜 , 𝑛𝑒  is the 

electron density and 𝑚𝑒 and e are the mass and charge of an electron, respectively.  

In the case of metals, the dielectric constant (𝜀𝑚1 and 𝜀𝑚2 for real and imaginary parts) 

is described by the Drude model as [33-35]: 

𝜀𝑚1 = 1 −
𝜔𝑝

𝜔2 + 𝛾2
    (1.3) 

𝜀𝑚2 =
𝜔𝑝

2𝛾

𝜔(𝜔2 + 𝛾2)
    (1.4) 

Upon external excitation, the free electrons in the metal oscillate and form possible 

electromagnetic (EM) waves. At the plasma frequency 𝜔𝑝, dielectric constant is zero in 

both real and imaginary parts. No transverse EM wave exists in the material. The pure 

longitudinal wave corresponds to a collective oscillation of the electrons in the direction 

of the wave propagation, which is called plasma oscillation.  

By solving the Maxwell’s equations for plasmons at the interface of semi-infinite metal 
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and dielectric, the plasmonic dispersion relation is given by [36]: 

𝑘𝑠𝑝𝑝 =
2𝜋

𝜆
√

𝜀𝑚𝜀𝑑

𝜀𝑚 + 𝜀𝑑
    (1.5) 

where 𝑘𝑠𝑝𝑝 is the wave number of the SPP, 𝜆 is the incident wavelength, 𝜀𝑚 and 𝜀𝑑 are 

real dielectric constants of the metal and dielectric materials respectively.  

The plasmon dispersion relation of a flat metal-dielectric interface is given in Fig. 1.1. 

The surface charge and field distribution is shown in Fig. 1.1 (a). Fig. 1.1(b) shows that 

the local field is enhanced near the interface between dielectric and metal, and decays 

exponentially with distance in a direction normal to the interface [1]. The dispersion 

relations of bulk plasmon and SP are shown in Fig. 1.2. The dispersion relation of EM 

wave in the bulk of metal is： 

𝑐2𝑘2 = 𝜔2 − 𝜔𝑝
2    (1.6) 

The propagating solution for bulk plasmon only exists when 𝜔 > 𝜔𝑝 and it is always 

above the light line in the free space (𝑘 <
𝜔

𝑐
). The plasmon wavelength is always longer 

than that of the free-space photon. This mode propagates into the bulk and is also called 

radiative plasmon (RP). The case is defined as surface plasmon when 𝜀𝑑 + 𝜀𝑚 > 0. 
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(a) 

 
(b) 

Fig. 1.1 (a) Schematic illustration of electromagnetic wave and surface charge at the 

interface between dielectric material and metal. (b) The local electric field component is 

enhanced near the surface and decay exponentially with distance in a direction normal 

to the interface [1]. 

 

Fig.1.2 Dispersion relationship of bulk plasmon and SP at metal-dielectric interface 

[37]. 
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1.4.2 Surface plasmon resonance based on periodic structure  

In order to excite SPP optically based on the diffraction of light incident on one 

dimensional (1-D) or two dimensional (2-D) periodic structures, incident wave vector 

𝑘𝑖𝑛 couples to one dimensional (1-D) grating vector G, whose modulus is given by [38]: 

𝐺 =
2𝜋

Λ
    (1.7) 

where 𝛬 is the grating period. Each diffraction order holds a vector:  

𝑘𝑖𝑛 sin 𝜃 + 𝑛𝐺 =
2𝜋

𝜆
√

𝜀𝑚𝜀𝑑

𝜀𝑚 + 𝜀𝑑
    (1.8)  

where n is the diffraction order, 𝜃 is the incident angle and 𝜆 is the incident wavelength. 

Incident light of 𝑘𝑖𝑛 can also couple to 2-D periodic structures (such as 2-D periodic 

nanohole arrays) with vector G, whose modulus is given by [39]: 

𝑘𝑖𝑛 sin 𝜃 + 𝑖𝐺𝑥 + 𝑗𝐺𝑦  =
2𝜋

𝜆
√

𝜀𝑚𝜀𝑑

𝜀𝑚 + 𝜀𝑑
    (1.9)  

where i and j are diffraction orders that couple the incident light with a particular mode 

of the structure. 

1.4.3 Surface plasmon resonance based on fractal plasmonic structure 

Recently, the concept of fractal geometry was combined with electromagnetic theory to 

design nanostructures for different optical applications such as antennas, sub-
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wavelength imaging, sub-diffraction focusing and so on [40-42].  

Fractal is a structure made of patterns which are similar to the whole structure in some 

way iteratively [43]. The resulting structure may exhibit special properties, such as zero 

and infinite perimeters at the same time [44]. This concept is used in the design of 

fractal plasmonic structures, which have self-similar and space-filling geometric 

arrangements, that can result in some interesting electromagnetic properties [44, 45]. 

Self-similar properties of the fractals are translated into its electromagnetic behavior 

[46, 47]. 

Fractal plasmonic structures have previously been demonstrated. For example, 

nanoscale fractal apertures allow for enhanced transmission and resolution [41]. Fig. 1.3 

shows the transmission spectra of Hilbert Curve structure, which shows an increased 

transmission efficiency with the order of the structure [48].  Sederberg et al. reported a 

larger perimeter-footprint ratio in higher-order Sierpiński triangle fractal structures as 

compared with the basis shape, causing a red-shift in the resonance conditions [44]. The 

resolution of sub-wavelength imaging achieved 𝜆/15 at infrared range by periodic H-

fractal apertures was demonstrated by Huang et al. [40]. Vople et al. used the Sierpiński 

carpet structure to control a broadband spectral response, by varying the degree of the 
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fractal complexity for trapping nano-objects [42].  

 

Fig. 1.3 The transmission spectra of Hilbert Curve of different orders [48]. 

 

1.4.4 Thermal tuning of surface plasmon resonance 

Thermal tuning is one of the approaches for modulating SPRs, with the advantage of 

simplicity in device fabrication and control of properties. As SPRs is strongly dependent 

on the dielectric properties of the materials, which in is turn temperature-dependent, 

heat can be a means of controlling the SPR behavior [1].  

Suh et al. reported the thermally modulated SPRs in metal nano-particles on the top of 
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VO2 film that is common used for thermally tuning SPRs [49, 50]. They also 

demonstrated the thermally modulated extraordinary transmission in Ag/VO2 hole 

arrays prepared by focused ion beam etching [50]. There is a limitation of VO2 in 

fabrication, as it is not easy to find a suitable metal mask material whose etchant does 

not remove with VO2 that can react with acid solutions [51]. 

Xin et al. reported Ag strips fabricated on flat (Ba,Sr)TiO3 (BST) for thermally-tunable 

optical devices. The refractive index increased by 0.002 from room temperature to 66
o
C 

[52]. Epitaxial BST thin films grown on single-crystal substrates showed low optical 

losses and good tunability by electric field and temperature [53-55].  Jim et al. reported 

a band gap shift by 2 nm when a dc voltage of 240V was applied to a 1D photonic 

crystals based on Ba0.7Sr0.3TiO3/MgO multilayers [55]. 

Poly-vinylidenefluoride (PVDF) was the first identified ferroelectric polymer, which 

shows no Curie temperature as melting occurs prior to the ferroelectric phase transition 

[56]. The incorporation of trifluoroethylene (TrFE) into PVDF greatly facilitates the 

formation of the ferroelectric phase [57]. Ploss et al. reported a nonlinear dielectric 

response of P(VDF-TrFE) copolymer with temperature, as evident from the existence of 

dielectric hysteresis loops (Fig. 1.4) [58].  
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Fig. 1.4  Nonlinear dielectric permittivities of initially poled 70/30 mol% P(VDF-TrFE) 

copolymer as function of temperature (heating and cooling cycle) [58].  
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1.4.5 Applications of surface plasmon 

 1.4.5.1 Solar cell  

Solar cells are solid-state devices that convert light energy directly into electricity by 

photovoltaic effect. By using metallic nanostructured thin films, it is possible to confine 

and guide incident sunlight into sub-wavelength thickness absorber layer due to the 

excitation of SPPs or SPRs [1]. Stenzel et al. reported an photocurrent enhancement by 

solar light irradiation with noble metal clusters in a CuPc layer, as a consequence of 

excitation of SPPs [18].  Brown et al. demonstrated a method for enabling SPP-

enhanced charge generation in dye-sensitized solar cells, which are entirely compatible 

with the state-of-the-art processing and technology [21].   

 1.4.5.2 Chemical and biological sensors 

A chemical sensor is a device that transforms chemical information (such as the 

concentration of a specific sample) into a quantitative signal [1]. SPRs are very 

sensitive to any change of refractive index at the metal/dielectric boundary and are used 

in chemical and biological sensors. The main quantities are determined by measuring 

the change in refractive index of the solution or the chemo-optical transducing medium 

[59]. In SPR sensors, excitation of SPP can occur if the electric field vector of the light 
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is parallel to the metal surface, and the momentum between light and the SPP can be 

matched. These can be achieved by means of prism coupling or grating coupling [32, 

39, 60, 61]. In order to quantify the sensitivity of chemical and biological sensors, a 

figure of merit (FOM) is introduced. FOM is defined as the ratio of the change in 

resonant wavelength per unit refractive index change and the FWHM of the refractive 

dip [32]. Recently, Shen et al. reported the plasmonic gold mushroom array with 

perforated gold film approaching the theoretical FOM limit [62].  

1.5 Summary 

Surface plasmons exist at the interface between metals and dielectrics. The SPRs 

strongly depends on the shape and size of the nanostructure. The PSPRs and LSPRs can 

be excited by periodic and isolated metal/dielectric nanostructure respectively. The 

interactions between two resonances induce CSPR. Moreover, the unique properties of 

plasmonic fractal nanostructures that have self-similar and space filling geometrical 

arrangements help to enhance the transmission, resolution and efficiency of sub-

wavelength imaging. On the other hand, the position of SPRs can be tuned by 

temperature instead of changing the shape of nanostructure.  

The basic electromagnetic theory of surface plasmons was introduced. Then, the SPRs 
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based on periodic nanostructure were reviewed. Those SPRs was described by the 

matching condition equation. Moreover, the theoretical and experimental results of 

fractal plasmonic nanostructure were summarized. Thermally tunable plasmonic 

nanostructures were also reviewed. Finally, some applications in surface plasmons were 

introduced.  
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Chapter 2  

Methodology 

2.1 Introduction 

This chapter provides an overview of the techniques used in this project, including 

simulation and experimental methods. It is divided into three sections: simulation 

method, fabrication techniques and characterization techniques. 

2.2 Simulation method 

2.2.1 Rigorous Coupled Wave Analysis (RCWA) 

In this project, simulations based on the Rigorous Coupled Wave Analysis (RCWA) 

were conducted using commercial software (DiffractMOD, Rsoft Design Group). 

RCWA [63-65] represents the electromagnetic fields as a sum over coupled waves. Fig. 

2.1(a) shows the basic simulation structure. In the RCWA method, the simulation 

structure repeats periodically and infinitely in the x-y plane. 

The starting point of DiffractMOD is the Maxwell’s equations. For 3D structures or 2D 

structures with arbitrary shapes, the full vector form of these equations must be taken 

into account. By factoring out an assumed time harmonic factor 𝑒−𝑖𝜔𝑡, the Maxwell’s 

equations can be expressed as:  
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𝜕

𝜕𝑦
𝐸𝑧 −

𝜕

𝜕𝑧
𝐸𝑦 = 𝑖𝜔𝜇𝐻𝑥    (2.1) 

𝜕

𝜕𝑧
𝐸𝑥 −

𝜕

𝜕𝑥
𝐸𝑧 = 𝑖𝜔𝜇𝐻𝑦    (2.2) 

𝜕

𝜕𝑥
𝐸𝑦 −

𝜕

𝜕𝑦
𝐸𝑥 = 𝑖𝜔𝜇𝐻𝑧    (2.3) 

𝜕

𝜕𝑦
𝐻𝑧 −

𝜕

𝜕𝑧
𝐻𝑦 = 𝑖𝜔𝜀𝑜𝜀𝑟,𝑥𝐸𝑥   (2.4) 

𝜕

𝜕𝑧
𝐻𝑥 −

𝜕

𝜕𝑥
𝐻𝑧 = 𝑖𝜔𝜀𝑜𝜀𝑟,𝑦𝐸𝑦

    
 (2.5) 

𝜕

𝜕𝑥
𝐻𝑦 −

𝜕

𝜕𝑦
𝐻𝑥 = 𝑖𝜔𝜀𝑜𝜀𝑟,𝑧𝐸𝑧    (2.6) 

where the medium is characterized by a diagonal index tensor with respect to the 

principle axes with diagonal elements 𝜀𝑟,𝑥, 
 𝜀𝑟,𝑦

 
and 𝜀𝑟,𝑧. In order to solve the above 

equations, the simulation structure is broken into simple building blocks with a 

vertically homogenous region that there is a single value of dielectric constant in the 

region (Fig. 2.1(b)) [66]. A periodic permittivity function is represented using Fourier 

harmonics. Each coupled wave is related to a Fourier harmonic, allowing the full 

vectorial Maxwell’s equations to be solved in the Fourier domain. The diffraction 

efficiencies are then calculated at the end of the simulations. The spatial field 

distributions are derived from the Fourier harmonics. In particular, the RCWA method 

expresses the spatial variations of the refractive index as a Fourier expansion of index as 

found in slices. Fig. 2.1(b) illustrates the concept. The widths of slices are chosen to 
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modify the distribution of the refractive index as closely as practical with a minimum 

number of slices.  

 

 

(a) 

 

(b) 

Fig. 2.1 (a) A simple simulation structure and definition of terms (different colors 

represent different materials). (b) The effect of the index resolution on the simulation 

layer: the leftmost is original structure, the middle is a coarse index resolution and the 

rightmost is a fine index resolution [66]. 
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2.3 Fabrication techniques  

2.3.1 Soft ultraviolet nanoimprint patterning  

In this project, soft ultraviolet nanoimprint patterning was employed to produce periodic 

nano-pillar structures, which will be discussed fully in Chapter 3. 

Typically, photolithography process requires a photosensitive material (photoresist) and 

a mask that permits the exposure of defined regions to the incident ultraviolet radiation. 

Photoresists are categorized into two types: positive type and negative type. The 

positive resist is removed in the developer solution only for areas that have been 

exposed to ultraviolet radiation. The negative type photoresist is hardened in the 

developer solution for regions exposed to ultraviolet radiation.  

In most of the imprinting processes, a hard mold is used. However, the use of hard mold 

may increase the possibility of cracking fragile substrates such as glass or silicon. In 

this project, soft polydimethylsiloxane (PDMS) molds were used for patterning instead 

of hard molds. The advantage of soft mold imprinting is that they provide conformal 

contact with the substrates, so induce a high yield rate for pattern transfer [67]. 

The imprinting process was carried out in a Class-1000 cleanroom. The original patterns 

were prepared on quartz master molds by e-beam lithography. The master molds were 
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coated with a layer of anti-sticking agent of trimethylchlorosilane (TMCS) for easy 

detachment of the negative PDMS mold [68, 69]. The negative mold was cast from the 

hard master by mixing silicone elastomer and the curing agent (Sylgard
TM 

184) at a 

weight ratio of 10:1 and baked at 65
o
C for 2 hours. After hardening, the soft PDMS 

molds were treated with TMCS.  

Fig. 2.2 shows the imprinting procedures. Firstly, poly(methyl methacrylate) (PMMA) 

and a negative nano-imprint resist (Amonil) were spun on the substrates at 2000 and 

7000 rpm respectively for 30 seconds, producing 300 nm-thick PMMA and 150 nm-

thick Amonil on glass substrates; different heights of nano-pillars can then be achieved 

due to different etching rates of PMMA and Amonil. This was followed by UV 

exposure (450 W and 360 seconds) while the resist layers were imprinted with PDMS 

molds with suitable patterns. After solidification, the PDMS mold was detached from 

the sample. 
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Fig. 2.2 Soft ultraviolet nanoimprint patterning procedures for preparing patterns on 

nano-imprint resist. 

2.3.2 Inductive coupled plasma (ICP) etching 

Inductively coupled plasma (ICP) is a type of plasma source in which the energy is 

supplied by electric currents which are produced by electromagnetic induction, that is, 

by time-varying magnetic fields [70]. The ICP etching system makes use of the 

inductively coupled plasma technique that can generate high-density plasma at low 

pressure. With the decoupling of the plasma density and ion energy, many ions with low 

ion energies can be produced at low pressures. As a result ion bombardment damage can 

be kept low while maintaining high etching rates and good anisotropic etching.  

ICP etching was used to adjust the height of the periodic plasmonic nano-pillars. The 
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dual layer shown in Fig. 2.2 can generate different heights of dielectric pillars because 

of different etching rates of PMMA and Amonil. The etching rate of PMMA layer in the 

ICP system with oxygen plasma (1Pa and 60 sccm), 630 nm/min as obtained with a 

sample bias power of 30 W and radio frequency power of 200 W, was about 10 times 

higher than that of Amonil [71].  

2.3.3 D.C. magnetron sputtering  

Sputtering is one type of physical vapor deposition techniques, which allows different 

materials (metals, oxides and semiconductors) to be deposited [72, 73] . A DC 

magnetron sputtering system was used for the gold deposition, because of its ability to 

produce high-quality films with uniform thickness over a large area; the schematic 

diagram of the D.C. magnetron sputtering system used in my project is shown in Fig. 

2.3. The deposition process was conducted in an ultrahigh vacuum chamber. Substrates 

were placed on a substrate holder, which was rotated at a constant speed (~ 1 rpm) 

during the sputtering process to promote uniform film deposition. A high negative 

potential was applied to the target to produce an electric discharge while the substrate 

holder was grounded. During the sputtering process, argon gas was introduced for 

plasma generation, with the pressure being closely monitored. The magnetic field 
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produced by the magnetron was used to trap electrons into a helical path close to the 

surface of the target. This increased the probability of ionizing neutral Ar gas. Under the 

influence of an electric field, argon ions bombarded the target surface and neutral atoms 

of target were removed, which travelled towards the substrates and achieved the 

material deposition process [72, 73]. 

 

Fig.2.3 Schematic diagram (a) and the actual setup (b) of the D.C. magnetron sputtering 

system used in this work. 

The sputtering technique was used to prepare metallic coatings on periodic nano-pillars 

(Chapter 3) and grating (Chapter 5) in this work experimentally. The sputtering system 

was pumped down to a pressure of 1x10
-4

 Torr or better. After reaching the high 

vacuum level, a Au layer was deposited onto the specimen at room temperature with an 
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Ar pressure of 1.6x10
-3

 Torr. The Au was sputtering at 70 W, and the thickness of Au 

layer was 25 nm. 

2.4 Characterization techniques  

2.4.1 Scanning electron microscope (SEM) 

Scanning electron microscopy (SEM) is a high-resolution imaging technique that makes 

use of a high-energy electron beam to scan over the sample surface for producing 

images of the sample, including surface topography, cross-section image and thickness. 

An electron beam is emitted from a field-emission cathode and then accelerated by an 

anode and focused by electromagnetic lenses to the sample surface. Upon interactions 

between the electron beam and the sample, Secondary electrons and backscattered 

electrons are generated and contribute to the formation of images [74]. All SEM images 

presented in the project were obtained with a JEOL JSM-6335F field emission scanning 

electron microscope (FE-SEM).  

2.4.2 Atomic force microscope (AFM) 

Atomic force microscope (AFM) is one kind of scanning probe microscopes that can 

provide information on the two-dimensional topography of a substance and has a 

resolution down to the nanometer scale. As shown in Fig. 2.4, when a cantilever scans 
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over a surface, attractive and repulsive forces between the surface and the tip lead to the 

deflection of the tip; a laser beam illuminating on the backside of the tip is reflected 

from the cantilever, and the signal is detected. 

 

Fig. 2.4 Schematic of the major components of an AFM. [10]. 

 

Tapping mode AFM is commonly used as the tip does not scratch the sample directly, 

and therefore it is non-destructive to the samples. In the tapping mode, an AC voltage is 

applied to the piezoelectric scanner which is composed of a cantilever and a tip. When 

the tip vibrating near its resonant frequency is scanned over the surface of a sample, 

attractive and repulsive forces are experienced by the tip when the tip is further apart or 

too close to the surface. The change of distance between the sample and the tip induces 

a frequency shift to the cantilever. This change can be detected by the laser and the laser 
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beam is reflected to the mirror, reaching the detector. These signals are converted into 

graphical image, representing the topography of the sample [75, 76]. 

AFM can be used for scanning the topology of samples composed of metal, 

semiconductor and insulator without sample preparation. It allows scanning for surface 

morphology and produce three-dimensional images with the aid of software. The AFM 

images presented in this project were captured with a Digital Instruments Nanoscope 

VIII AFM. 

2.4.3 Ultraviolet–visible spectroscopy 

Transmittance of the specimens was measured by a Shimadzu UV-2100PC UV-VIS 

scanning spectrophotometer (Fig. 2.5). The spectrophotometer has a broadband light 

source of wavelength ranged from 200 to 900 nm. The transmittance T can be 

calculated by the ratio of transmitted intensity I to incident intensity Io, 

𝑇 =
𝐼

𝐼𝑜
    (2.7) 
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Fig. 2.5 Ultraviolet–visible spectroscopy used in this work 

2.4.4 Angular dependent reflectivity 

The angular-dependent reflectivity was measured by a computer-controlled goniometer 

equipped with a charge-coupled device detection system [77]. During the measurement, 

p-polarized light was collimated and incident on the sample in a plane perpendicular to 

the nano-pillar and grating (as introduced in Chapters 3 and 5). The reflection spectra 

from 600 to 1100 nm were recorded at incident angles from 5º to 60º with a step size of 

0.5º, and the results were normalized with respect to the incident light spectrum. The 

measurement system is shown in Fig. 2.6.  
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Fig. 2.6 Schematic diagram of the visible range angular-dependent reflection 

measurement system [78]. 

2.5 Summary  

To summarize, the background and mechanism of RCWA simulation were described. 

Details of fabrication technique were revealed, including soft ultraviolet nanoimprint 

patterning, ICP etching and DC magnetron sputtering. In the last session of the chapter, 

the characterization techniques involved such as FE-SEM, AFM and angular dependent 

reflectivity were introduced.  
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Chapter 3  

Optical analysis of 

periodic plasmonic nano-pillars 

3.1 Introduction 

Surface plasmons are coherent oscillations of electrons at metal-dielectric interfaces that 

can exist in propagating and localized forms [79-81]. The optical responses of the 

device structures such as reflectivity, transmittance and electric field intensity 

enhancement of incident waves) depend on the geometry and spatial arrangement of the 

constituent features [42], and hence the feature dimensions play pivotal roles in the 

design of device structures based on surface plasmon resonance effects.  

Propagating surface plasmon resonances (PSPRs) are evanescent electromagnetic waves 

bounded by flat and smooth metal-dielectric interfaces, which result from oscillations of 

the conduction electrons in the metal [82]. Localized surface plasmon resonances 

(LSPRs) are non-propagating excitations of the conduction electrons in metallic 

nanostructures coupled to the electromagnetic waves [81]. LSPRs cause highly-

localized electromagnetic fields outside the nanoparticles [83]. Such SPR-based 

structures have potential for applications in biological sensing, refractive index sensing 
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and antennas [32, 84, 85].  

Recently, two-dimensional arrays of plasmonic gold nano-pillars, which consist of 

dielectric nanopillars with gold caps and standing within a perforated gold film, were 

found to possess a very high figure of merit (FOM), which is an important parameter for 

comparing the performance of sensing devices [32]. The perforated gold film supports 

PSPRs and the gold caps support LSPR modes. In such a capped-nanopillar structure, 

new plasmon resonance modes due to coupling between PSPRs and LSPRs were 

obtained [62].  However, the effect of the height of nano-pillars was not investigated. 

As the pillar height varies, the gold layer changes from a continuous film to two 

discontinuous parts (gold caps on nanopillars, and the perforated gold film), with the 

corresponding transition from a purely PSPR (for pillar height equals to zero) to two 

independent SPR modes (for pillar height much larger than gold film thickness). It is 

worthwhile to study the evolution of the coupling effect with different heights of nano-

pillars. 

In this part of the M.Phil. project, nano-pillar structures with gold caps and perforated 

gold film at the base of the pillars were investigated numerically and experimentally. 

The reflectivity and electric field intensity distribution of the structure were calculated 
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and measured in the visible to near-infrared ranges (300 – 3000 nm). It was shown that 

the PSPRs and LSPRs appeared in the structure simultaneously and induced coupled 

surface plasmon resonance (CSPR) modes. It was also shown that PSPRs were 

independent of the heights of the pillars, but was dependent on the incident angle of 

light. On the other hand, CSPRs were dependent on the heights of the pillars but 

independent of the incident angles. Moreover, at the reflection dip of CSPR, the electric 

field was confined along the surfaces of the dielectric nano-pillars, at the air-dielectric 

interface. 

3.2 Fabrication of periodic plasmonic nano-pillars  

Two-dimensional (2-D) periodic arrays of nano-pillars were fabricated on glass 

substrates using nanoimprint lithography, followed by gold film deposition using 

sputtering or e-beam evaporation. The fabrication process is simple and cost-effective, 

which is beneficial for practical device fabrications.   

Firstly, poly(methyl methacrylate) (PMMA) and nanoimprint resist (Amonil) were spun 

on glass substrates at 2000 and 7000 rpm respectively for 30 seconds, producing 300-

nm thick PMMA and 150-nm thick Amonil on the substrates. This dual layer can 

generate different heights of dielectric pillars because of the difference in etching rates. 
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This was followed by UV exposure (450 W and 360 seconds) while the resist layers 

were imprinted with polydimethylsiloxane (PDMS) molds with square lattice arrays of 

holes, during which the nanoimprint resist was cured. This produced periodic nano-

pillars with 200-nm diameter and 400-nm periodicity in square lattices. Finally, a 25-nm 

thick Au film was deposited (Fig.3.1). The height of nano-pillars was controlled by ICP 

etching time. 

 

Fig.3.1 Schematic of the process flow for sample fabrication. 



Optical analysis of periodic plasmonic nano-pillars 

              

THE HONG KONG POLYTECHNIC UNIVERSITY 

 

Ng Ki Fung Page 33 

 

3.3 Characterization of periodic plasmonic nano-pillars 

3.3.1 Structural characterization of periodic plasmonic nano-pillars 

Fig. 3.2(a) shows the scanning electron microscopy (SEM) image of a square periodic 

array of plasmonic nano-pillars. The diameter of the pillars is around 200 nm, with a 

periodicity of 400 nm. Fig. 3.2(b) shows an atomic force microscopy (AFM) image of 

the structure. The measured height of nano-pillar is about 60 nm.  
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(a) 

 

 

(b) 

Fig. 3.2 (a) Top view of the SEM image of periodic plasmonic nano-pillars. (b) AFM 

image and sectional profiles of periodic nano-pillars. 
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3.3.2 Optical characterization of periodic plasmonic nano-pillars 

In this project, the angular reflectivity of the samples was measured by means of a 

computer-controlled goniometer equipped with a charge-coupled device detection 

system [77].  During the measurement, transverse magnetic (TM)-polarized light was 

collimated on the sample with different incident angles. Fig. 3.3 shows the simulated 

and measured reflection dispersion relationship of 70-nm high nano-pillars. Results in 

Fig. 3.3(a) and (b) show simulated and measured Au/air (1,0) and Au/Amonil(1,0) 

PSRPs, respectively, which will be discussed in the next part.  

 

Fig. 3.3 (a) Simulated and (b) measured angular dispersion relationships of periodic 

plasmonic nano-pillars with 70 nm-tall pillars. TM-polarized light was used in the 

calculations and measurements. 
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3.4 Theoretical study of periodic plasmonic nano-pillars  

3.4.1 Numerical simulation  

The nano-pillars structure studied in this work were based on the two-dimensional (2-D) 

periodic metal/dielectric system. The schematic diagram of the nanostructure is shown 

in Fig. 3.4. The nanostructure consists of gold caps on dielectric pillars, which in turn 

stand within a perforated gold film. Nano-pillars of photoresist (refractive index n = 

1.51) are arranged in a square array and are placed on top of a glass substrate (nsub = 

1.5). The diameter and periodicity of the pillars are 200 nm and 400 nm, respectively. A 

layer of 25 nm-thick gold film is then ‘deposited’ on the top of the nano-pillars, as well 

as in the regions between the pillars on the base. It should be noted that there is no gold 

at the sidewall in this structure; this can be achieved experimentally by exposing the 

patterned dielectric film normally to the plasma of incoming adatoms. Theoretically, 

these two layers are disconnected if the height H of the pillars is larger than the 

thickness of the gold film. The thickness of gold film in this investigation was kept at 25 

nm, and the glass was treated as semi-infinite in our analysis. Due to the absence of 

surface plasmon mode for transverse-electric (TE) polarization, I only considered TM-

polarized light with normal incidence in this investigation. The incident wave was 
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launched from air. The material database of DiffractMod of RSoft
TM

 [86] was adopted 

for the simulation of dielectric properties of gold, based on the combined Drude and 

multiple Lorertzian model [87]: 

𝜀r(𝜔) = 1 - 𝜔𝑝
2/ 𝜔2    (3.1) 

where 𝜀𝑟  is the dielectric constant, 𝜔𝑝  is the plasma frequency of gold in the free 

electron model. The harmonic and the refractive index resolution used in RCWA of 

DiffractMOD
TM

 were 10 and 0.00312 respectively. 

 

 

Fig. 3.4 Schematic of isometric view (a) and cross-sectional view (b) of the simulation 

model. 
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3.4.2 Influence of height of periodic plasmonic nano-pillar on reflection spectra 

and electric field intensity distribution 

As shown in Fig. 3.5, when the height of nano-pillars increases gradually, the gold film 

changes from a continuous layer  (Fig. 3.5(a)) to disconnected entities of gold caps and 

perforated gold film on the substrate (Fig. 3.5(b)). Fig. 3.6 shows the simulated 

reflectivity spectra of periodic plasmonic nano-pillars. When the height of the pillars is 

less than the thickness of gold (i.e. a continuous gold film), there is not reflectivity dip 

in the simulated reflection spectra. In contrast, reflection dip can be observed when the 

height of pillars is larger than the thickness of the gold layer.  

 
 

(a) (b) 

Fig. 3.5 Side view of periodic plasmonic nano-pillars with height less than (a) and 

larger than (b) the gold layer thickness. 
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To identify the nature of the reflection dips, the electric field intensity distribution was 

simulated for the pillar height of 40 nm. Simulation results show that electric field is 

concentrated along the length of the pillar, as shown in Fig. 3.7. However, surface 

plasmon effect is not induced at the air-dielectric interface because surface plasmon 

should be induced at the interface between metal and dielectric. Therefore, there is only 

one possible reason for this dip which is caused by CSPR. 

 

 

Fig. 3.6 Simulated reflectivity spectra of periodic plasmonic nano-pillars with different 

heights (H= 24 nm, 26 nm and 28 nm). 
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Fig. 3.7 Electric field intensity distribution of the periodic nano-pillar with H = 40 nm at 

the reflection dip of wavelength = 1889 nm, normalized to the maximum field intensity. 

The maximum field intensity enhancement factor under such a condition is 492. 

 

Fig. 3.8 shows the simulated reflection spectra with different heights H of periodic 

nano-pillars. There are two types of dips in the near infrared region, which are labelled 

D1 and D2 in the figure.  D1 red-shifts linearly with increasing height of nano-pillars 

(Fig. 3.9). On the other hand, the resonant wavelengths of D2 dips drop exponentially 

with increasing height of nano-pillars (Fig. 3.10). For different heights of nano-pillars, 

Fig. 3.11 show the simulation results that at the reflection dips D1 the electric field is 

concentrated at the edges of the top gold caps. This proves that D1 is a LSPR mode of 
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the nano-disk. On the other hand, Fig. 3.12 shows the normalized electric field 

distribution with different height of nano-pillar at the reflection dip D2. The electric 

field is generally located along the lengths of the nano-pillars, at the interface between 

air and nano-imprint resist. Therefore, D2 dips are caused by the coupling between 

resonant modes around the upper gold caps and the lower perforated gold film, which 

are termed as coupling surface plasmon resonances (CSPRs) in this thesis. When the 

height of the nano-pillars is increased, the coupling effect becomes weaker due to the 

increase in separation between the top gold cap and the perforated gold film.  

 

Fig. 3.8 Simulated reflection spectra with different heights of nano-pillars from H = 0 

(continuous gold film) to H = 100 nm. D1 is a LSPR and D2 is a CSPR reflection dip.  
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Fig. 3.9 Simulated reflection dip D1 with different heights of periodic nano-pillars.  

 

Fig. 3.10 Simulated reflection dip D2 with different heights of periodic nano-pillars.  
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Fig. 3.11 The electric field intensity distribution at reflection dip (D1) with different 

heights of nano-pillars. The maximum electric field intensity of incoming wave is 

normalized to 1. 
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Fig. 3.12 The normalized electric field intensity distribution at the reflection dip (D2) 

with different heights of nano-pillars. 

In order to further investigate CSPR and PSPR, the simulated dispersion relationship of 

reflectivity with 50 nm-tall periodic nano-pillars was obtained and is shown in Fig. 

3.13.  For a square lattice, the matching condition between PSPR and the in-plane wave 

vectors of the incident light is given by:  

𝐤𝐨 sin θ ± 𝑖𝐆𝐱 ± 𝑗𝐆𝐲 = 𝐤𝐦𝐨𝐝𝐞     (3.2) 

Where ko
 
is the wave vector of the incident light at a polar angle θ, Gx and Gy

 
are the 

Bragg vectors associated with the two periodicities in x- and y-directions of the array, 
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and i and j are integers indicating the order of the scattering events that couple to the 

incident light with vector kmode  [39], kmode is the wave vector of a specific mode of the 

structure given by:  

𝐤𝐦𝐨𝐝𝐞 = 𝐤𝐨√
εmεd

εm + εd
    (3.3) 

where εm and εd  are the dielectric constants of metal and dielectric (nanoimprint resist 

in this case), respectively. 

Based on the above equations, Au/Air (1,0) and Au/Amonil (1,0) PSPR modes are 

identified in Fig. 3.13, and these PSPRs are red-shifted with increasing incident angle. 

According to the electric field intensity distribution, the dip D2 is known as CSPR, 

which is independent of the incident angle. Fig. 3.14 shows the normalized electric field 

intensity distribution of the 3 dips for 50 nm-tall nano-pillars, at an incident angle of 

40
o
. It should also be noted that the electric field intensity enhancement factor is the 

largest in the CSPR.  

On the other hand, Fig. 3.15 shows the reflection spectra with different heights of 

periodic nano-pillars at an incident angle of 40°. Two of the dips are identified as PSPR 

of Au/Air (1,0) and Au/Amonil (1,0) respectively, according to the matching condition 



Optical analysis of periodic plasmonic nano-pillars 

              

THE HONG KONG POLYTECHNIC UNIVERSITY 

 

Ng Ki Fung Page 46 

 

equation. The dip positions of PSPR are independent of the height of the nano-pillars. 

On the other hand, the D2 dip positions are the same with different incident angles.  In 

contrast, CSPR is dependent on the height of nano-pillars. Also, simulations show that 

at wavelength of dip D2, the electric field is located at the surrounding of the nano-

pillar, which is the gap between top gold layer and lower perforated gold film. 

 

Fig. 3.13 Reflection dispersion relationship with H = 50 nm. 
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Fig. 3.14 Normalized electric field intensity distribution at different resonance modes: 

(a) Au/air (1,0), (b) Au/Amonil(1,0) and (c) CSPR. 
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Fig. 3.15. Reflection spectra with different heights of nano-pillars at incident angle = 

40
o 

3.5 Application of periodic plasmonic nano-pillars  

The full optical analyses of periodic plasmonic nano-pillars were reported above. One 

of the applications of periodic plasmonic nano-pillars is refractive index sensing. In this 

section, the comparative parameters of refractive index sensing are demonstrated.  
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3.5.1 Refractive index sensor 

Confined to a metal/dielectric interface, surface plasmons are known to be extremely 

sensitive to the refractive index of the dielectric medium. Hence, this property is used in 

refractive index sensing and biosensing, which emerges as a leading modern technology 

for detection and studies of binding events between target analytes and their 

corresponding receptors on metal surfaces [29, 32, 84, 88, 89]. The figure of merit 

(FOM), which is defined as the refractive index sensitivity (nm/RIU) divided by full 

width at half maximum (FWHM) of plasmons resonance dip, is used to determine the 

degree of sensitivity of nanostructures for refractive index sensing [32].  

Fig. 3.9 shows that the two reflection dips D1 and D2 are linearly red-shifted and 

exponentially blue-shifted with the height of nano-pillars respectively. D1 is more 

suitable to be used for refractive index sensing because it is easier to tune the resonant 

wavelength by changing the height of pillars. Also, D1 is narrower than D2, so the 

FWHM of D1 dip is lower than that of D2. Hence, the FOM of D1 is higher than D2. 

The FOM achieved us 8.86 and 0.704 at D1 and D2 from the simulation results 

respectively. The FOM of D2 is much smaller than that of D1.  

Fig. 3.16 shows the reflection spectra around the PSPR Au/Amonil (1,0) dip, with 
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different refractive index from 1.33 to 1.4, at H = 50 nm and incident angle of 50°. 

There is a linear relationship between the resonant wavelength and the refractive index, 

the sensitivity is calculated as 400 nm per unit refractive index. The FOM of PSPR 

Au/Amonil(1,0) achieved is 8.53, which is slight lower than FOM of D1. In summary, 

dip D1 is more suitable to be used in refractive index sensing in the periodic nano-

pillars.  

 

 

Fig. 3.16 (a) Simulated reflection spectra of the periodic plasmonic nano-pillars with 

different refractive indices at the angle of 50
o
 and H = 50 nm. (b) The relationship 

between resonant wavelength and refractive index at the angle of 50
o
 and H = 50 nm. 

3.6 Summary  

I introduced a periodic plasmonic nano-pillar structure and investigated the interaction 

between the top gold layer and bottom perforated gold film. These interaction between 
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the two systems induced CSPR, with the incident wave confined at the surrounding of 

the nano-pillars.  The resonant wavelength of CSPR is reduced with the height of the 

nano-pillar exponentially. In particular, the electric field intensity enhancement became 

weaker with increasing height of nano-pillars. Besides, PSPRs appeared at the same 

nanostructure, and the dip positions of PSRPs were independent of the height of nano-

pillars but dependent on the incident angle. In contrast, dip positions of CSPR were 

dependent on the height of nano-pillars but independent of the incident angle. The 

periodic plasmonic nano-pillar structure can be used for refractive index sensing.  
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Chapter 4 

Analysis of plasmonic Center Fractal pattern 

4.1 Introduction  

Recently, the influences of fractal iterations (such as Sierpiński triangles [90, 91] and H-

shaped fractals [92-94]) on the surface plasmon resonance behavior were investigated in 

the near- to mid- infrared regimes. Fractal is a structure made of patterns which are 

similar to the whole structure in some way iteratively [43]. The resulting structures 

exhibit special properties, such as simultaneous zero and infinite perimeters [95]. This 

concept is used in the design of fractal plasmonic structures, which have self-similar 

and space-filling geometric arrangements that can result in some interesting 

electromagnetic properties [45, 95].  

Self-similar properties of the fractal are translated into its electromagnetic behavior [46, 

47]. It has been demonstrated that nanoscale fractal apertures allow for enhanced 

transmission and resolution for near- to mid- infrared wavelengths [48, 96]. For 

example, there is a larger perimeter-to-footprint ratio in higher-order fractal structures 

as compared with the basis shape, causing red-shifted resonance conditions [95]. 

Besides, the fractal plasmonic structure can increase the metal/dielectric interface area 
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with increasing order of the fractal. This can help to control the spatial distribution of 

the electric field in the structure. Finally, there is potential for the fractal nanostructures 

to be used in different applications such as biosensing, antennas and solar cells. [97, 

98].  

In this Chapter, a type of fractal plasmonic nanostructure, in which the fractal pattern is 

self-similar to the central part of the structure, is investigated theoretically. The 

reflection and transmission properties, as well as the electric field intensity distribution 

of the fractal nanostructure, were calculated in the visible light and the near- infrared 

range (400 – 2300 nm) by the Rigorous Coupled-Wave Analysis (RCWA) method, 

using a commercial software (DiffractMod of RSoft
TM

) [99]. It was shown that the 

proposed fractal nanostructure can help to confine and enhance the incident waves at 

the center of the unit nanostructure. High intensity enhancement factors in the proposed 

fractal nanostructure can improve the sensitivity of the biosensing for real-time 

detection of different proteins [29, 32, 88, 89]. Also, properly-designed nanostructures 

are known to produce so-called hot spots to enhance the incident electromagnetic 

waves. The efficiencies of sensitive physical process and confinement factor are also 

enhanced. The plasmonic resonances observed in the center fractal structure open the 
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possibility to build antennas for radiating and receiving electromagnetic energy [87, 95, 

100-105].  

4.2 Theoretical study of plasmonic Center Fractal  

4.2.1 Simulation model  

The fractal nanostructures studied in this part of the project are based on the Au 

film/glass substrate metal/dielectric system. The fractal patterns are shown in Fig. 4.1 

The starting structure is a Au square of edge length 𝑙𝑜. The square is then divided into 9 

equal-sized squares (edge length lo/3) and the central square is removed; this 

configuration is the order 1 pattern. The removed square is further divided into 9 equal-

sized squares (edge length lo/9) and the center is filled with Au again (order 2 pattern). 

The same procedure is repeated for higher orders, with the smallest square having an 

edge length of lo/3
n
, where n is the order of the fractal pattern. The smallest square is 

empty or filled, depending on whether the order of the pattern is odd or even. Fig. 4.1(a) 

shows the first 3 orders of fractal nanostructures studied in this chapter. This is in 

contrast with the Sierpiński carpet (Fig. 4.1(b)), which starts with a square of side 

length l and is then divided into a (3 x 3) grid of l/3-sided squares and the central sub-

square is removed. In the pattern studied in this chapter, the self-similar squares appear 
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only in the center of the structure, and the pattern is called “center fractal” in this thesis.  

The proposed structure consists of a 2-D periodic fractal pattern in a Au film, which is 

placed on top of a glass substrate with refractive index 𝑛𝑠𝑢𝑏= 1.5. The schematic is 

shown in Fig. 4.1(c). The geometry of the center fractal nanostructure can be fully 

described by the periodicity of the basic unit P, the length of the basic unit lo and the 

fractal order n. The thickness of the Au film in this investigation is kept at 25 nm, and 

the glass is treated as semi-infinite in the analysis.  Transverse-magnetic (TM) polarized 

light is considered with normal incidence in this project. In this study, the incident wave 

is launched from air. The material database of DiffractMod of RSoft
TM

 [99] was 

adopted for the simulation of dielectric properties of gold, based on a combined Drude 

model and multiple Lorentzian models: 

𝜀(𝜔) = 1 - 𝜔𝑝
2/ 𝜔2    (4.1)     

where 𝜀  is the dielectric constant, 𝜔𝑝  is the plasma frequency of gold in the free 

electron model [87]. 
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(a) 

 

(b) 

 

(c)  

Fig. 4.1 Schematic of the first three orders of the (a) center fractal pattern and (b) 

Sierpiński carpet. (c) Schematic of periodic fractal pattern nanostructure. The black 

regions represent gold and white areas correspond to air. 



 Surface Plasmon Resonance in Center Fractal Pattern 

              

THE HONG KONG POLYTECHNIC UNIVERSITY 

 

Ng Ki Fung Page 57 

 

4.2.2 Influence on electric field intensity distribution with different structural 

parameter (periodicity and order) and compare with Sierpiński Carpet 

For the same fractal order n, simulation results show that as the periodicity P increases 

from lo to 10lo, the maximum electric field intensity enhancement factor decreases. For 

example, at an incident wavelength 𝜆o = 800 nm, lo = 1 µm and order n = 1, the 

maximum electric field intensity enhancement factor (|E|
2
/|Eo|

2
) for each basic unit of 

the nanostructure are 5.38, 1.75 and 0.686 for P = lo, 5lo and 9lo, respectively (Fig. 4.2). 

This shows that the interaction among the basic units is weakened with increasing P. In 

order to maximize the electric field intensity enhancement of the nanostructures, P is set 

equal to lo (edge length of the basic unit) in the following investigation, which is 

equivalent to a continuous Au layer with periodic fractal patterns.  
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Fig. 4.2 The intensity enhancement factor with different periodicities at 𝜆𝑜 = 800 nm. 

 

The electric field intensity enhancement factor of the fractal patterns becomes larger 

with increasing order of the fractal pattern. Fig. 4.3(a) shows the electric field intensity 

enhancement factors at different wavelengths, for different types and orders of fractal 

patterns with lo = 1 µm and P = lo. The enhancement factor increases sharply from ~7 

for n = 2 to ~70 for n = 3, even the geometric change between the two patterns was 

minimal. When the order of fractal nanostructure becomes higher, the electric field 

intensity is concentrated near the center of the pattern. In particular, Fig. 4.3(b) shows 
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the electric field intensity distribution, showing that the electric field intensity is 

concentrated at the center of the basic unit for n = 3. In other words, the electric field 

intensity is enhanced when the central square of gold is removed. Actually, the 

motivation of this pattern is to boost the intensity enhancement factor at the center but 

not at other locations (such as the corners), which has been achieved in the center fractal 

pattern. Moreover, at an incident wavelength 𝜆  = 800 nm, the maximum intensity 

enhancement factor of the fractal pattern increases exponentially with increasing order 

of the fractal pattern nanostructure; in particular, enhancement factors of  ~5, ~28, ~70 

and ~127 are achieved for n = 1, 2, 3 and 4 respectively (Fig. 4.4). However, the 

minimum feature sizes for n = 4 and n = 5 center fractals are 12 nm and 4 nm 

respectively. Therefore, higher-order center fractal patterns were not studied as the 

implementation of such features is exceedingly challenging.  

The area of edge Au/air interface increases with the order of the fractal structure. 

Particularly, there is a total Au/air edge interface area of 4×lo/3 × thickness (33333 

nm
2
), (4×lo/3 + 4 ×lo/9)×thickness (44444 nm

2
) and (4×lo/3 + 4 ×lo/9 +4× lo/27) × 

thickness (48148 nm
2
) within the basic unit of 1

st
, 2

nd
 and 3

rd
 order structures, 

respectively. It should be noted that the thickness of the center fractal structure is 25 
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nm. Surface plasmons are bounded oscillations of electrons at the interface between a 

metal and a dielectric [106]. The increasing total area of interface helps to increase the 

regions for interaction between photons and free electrons of the metal and concentrate 

the electric field intensity at the center of the nanostructure. As a comparison, the fractal 

properties in Sierpiński Carpet were also obtained by simulations. In particular, the 

smallest size of the hole was equal to that in center fractal nanostructure with the same 

order. For comparison, the electric field intensity distribution for Sierpiński Carpet was 

also evaluated, and the results are shown in Fig. 4.3(c) [43]. Unlike the center fractal 

pattern nanostructure, there are a large number of hot spots located at every square hole 

in the periodic Sierpiński Carpet structure. Fig. 4.3(c) shows the electric field intensity 

distribution of the Sierpiński Carpet with edge length lo = 1µm and n = 3. The 

corresponding maximum electric field enhancement factor is ~27 at an incident 

wavelength 𝜆o = 800 nm, which is less than that of the 3
rd

-order center fractal structure. 

There are a lot of Au/air interfaces in the Sierpiński Carpet pattern nanostructure and 

induce a lot of hotspots, but the intensity enhancement factor is lower than that of center 

fractal pattern nanostructure.  Compared with the periodic Sierpiński Carpet pattern, the 

center fractal pattern can improve electric field intensity enhancement and concentrate 
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the electric field intensity at the center of the structure.  

To prove that the intensity enhancement is in fact due to the center fractal pattern but 

not the size of the central square, Fig. 4.3(d) shows the electric field distribution of a 

pattern with only an air square of edge length lo/27 within the square of edge length lo.  

The intensity enhancement factor is only ~5, which is much less than that of the 3
rd

-

order center fractal. This proves that the large intensity enhancement is due to the fractal 

pattern instead of the size of the central square, demonstrating the significance of the 

fractal in the field enhancement effect. 
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Fig. 4.3 (a) The intensity enhancement at the center of the basic unit of center fractal 

nanostructure with different orders for lo = 1 µm. (b) Electric field intensity distribution 

of the center fractal structure with n = 1, 2, 3 at  = 800 nm. (c) Electric field intensity 

distribution of the Sierpiński carpet with n = 3. (d) Electric field distribution of an air 

square with length lo/27 at the center of the basic unit in the continuous planar gold 

film. Small figures next to (c) and (d) indicate the geometric structures of the 

corresponding Sierpiński carpet and single air hole. 
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Fig. 4.4 Maximum electric field intensity enhancement factor with different orders of 

the center fractal. 

4.2.3 Influence on transmission spectra and reflection spectra with different 

structural parameters and compare with Sierpiński Carpet 

Compared with gold films without patterns, the center fractal enhances the transmission 

at the resonant wavelength (transmission peak). Fig. 4.5(a) shows the transmission 

spectra of the  3
rd

-order center fractal pattern with different edge lengths lo ranging from 
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500 to 900 nm; the transmission spectrum of planar gold film is also shown for 

comparison. In case of continuous gold film without patterns, there is only one peak in 

the transmission spectrum. That transmission peak is due to the electron transition and 

recombination between the filled d-bands and the Femi level in the conduction band of 

the gold film [107-110]. Several resonant peaks (transmission peaks), however, are 

observed in the periodic fractal pattern structure. Furthermore, simulation results show 

that the resonant wavelengths can be changed by the basic unit edge length lo. Fig. 

4.5(b) shows the relationship between the resonant wavelengths and edge lengths of 

basic unit of the center fractal with order n = 3 and P = lo. The resonant wavelengths 

increase linearly with the edge lengths lo of the basic unit square. This matches the 

expectation that the resonant wavelength is directly proportional to the size of the 

aperture. And the transmission peaks depend on periodic condition. The resonant 

transmission dip matches the matching conditions [39]: 

𝐤𝐨 sin θ ± 𝑖𝐆𝐱 ± 𝑗𝐆𝐲 = 𝐤𝐦𝐨𝐝𝐞     (4.3) 

where ko
 
is the wave vector of the light incident at a polar angle θ, Gx and Gy

 
are the 

Bragg vectors associated with the two periodicities in x- and y-directions of the array, 

and i and  j are integers indicating the order of the scattering events that couple to the 
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incident light with vector kmode  [39], kmode is the wave vector of a specific mode of the 

structure given by:  

𝐤𝐦𝐨𝐝𝐞 = 𝐤𝐨√
εmεd

εm + εd
    (4.4) 

where εm and εd  are the dielectric constants of metal and dielectric (nanoimprint resist 

in this  case), respectively. 

It is found that the transmission spectrum profile is effectively unchanged with 

increasing order n. Fig. 4.5(c) shows the transmission spectra for centre fractals with n = 

0 (continuous planar gold film) to n = 3 for basic unit with lo = 1 µm and P = lo. There is 

a small red shift of ~10 nm among the whole spectra for n = 1, 2 and 3. Such an effect 

provides a great advantage in device design, as the desired resonant wavelength can be 

tuned by the edge length of the basic unit only, while the electric field intensity of the 

target wavelength can be greatly confined at the center of the basic unit to enhance the 

light-matter interaction.   
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(a) (b) 

 

 

(c)  

Fig. 4.5(a) Transmission spectra of fractal nanostructures with different edge lengths of 

basic unit for n = 3. (b) Relationship between the resonant wavelengths of the third peak 

of transmission of fractal nanostructures and different edge lengths of basic unit for n = 

3. (c) Transmission spectra of different orders with edge length lo = 1 µm and planer 

gold film without pattern. 
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4.3 Summary 

I introduced a fractal pattern (center fractal pattern) and investigated its electric field 

intensity enhancement effect in Au film/glass substrate metal/dielectric system. The 

effects of three fractal parameters (edge length lo, periodicity P and order n) on the 

electric field intensity enhancement factor and transmission spectra were studied 

numerically. The results showed that the electric field intensity enhancement factor of 

the periodic center fractal patterns became larger with increasing order of the fractal 

nanostructures. By calculating the electric field intensity distribution, it was confirmed 

that the incident electromagnetic wave was confined and enhanced at the center of 

every basic unit with increasing the order, and the intensity enhancement factor can 

reach up to 70. Compared with a continuous planar gold film on glass without any 

pattern, more resonant features were observed in the transmission spectra of the center 

fractal nanostructure. Under the same period and order, the resonant wavelength 

increased with the edge length lo of the basic unit and there was a linear relationship 

among them.  

It is potential for center fractal nanostructure to be used in sensing applications. First, 

the incident wave is trapped in the center of every basic unit in center fractal. This local 
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electric field enhancement is of particular interest as it increases the effective intensity 

of the incident electromagnetic wave and leads to some phenomena such as surface 

enhanced Raman scattering (SERS) [111, 112], improve efficiency of various nonlinear 

process [113-116] and surface enhanced fluorescence [117]. 
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Chapter 5 

Thermally-tunable plasmonic resonance  

based on ferroelectric polymer P(VDF-TrFE) 

5.1 Introduction 

Thermal tuning is one of the schemes for modulating surface plasmon resonance (SPR) 

modes, which is relatively easy to implement and control. Thermally-modulated SPR 

has been reported in metal nano-particles placed on top dielectric surfaces and in nano-

composites formed by embedding the metal nano-particles inside the dielectric [49, 

118]. On the other hand, one and two-dimensional periodic structures were also used 

because it is able to control the geometric parameters such as periodicity, edge length 

and feature depth, in order to optimize the SPR. However, there is a lack of 

experimental and numerical investigations for thermal tuning of SPR in one- or two-

dimensional metal/dielectric nanostructures [119].  

VO2 
 
is very commonly investigated in thermal tuning of SPR because it demonstrates a 

large variation of refractive index (~2.8 to ~2.2) from room temperature to 80
o
C at 600 

nm, which is induced by the metal-insulator phase transition around 65
o
C [49, 50, 120]. 

Barium-strontium titanate (Ba0.7Sr0.3)TiO3 (BST) thin films have also been used in SPR 
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thermal tuning investigation, as the refractive index of BST thin films can be changed 

from 2.3932 (TE)/1.9945 (TM) at room temperature to 2.3949 (TE)/1.9965 (TM) at 

66
o
C [52].  

Poly-vinylidenefluoride (PVDF) was the first identified ferroelectric polymer. PVDF 

shows no Curie temperature, as melting occurs at a lower temperature than the phase 

transition [56]. Usually, PVDF crystallizes into a non-ferroelectric crystal phase and 

must be converted to ferroelectric phase by stretching or high electric-field poling [121, 

122]. The incorporation of trifluoroethylene (TrFE) into PVDF greatly facilitates the 

formation of the ferroelectric phase [121]. The phase transition behavior of PVDF 

strongly depends on the thermal history of the material [56], And it is simple for 

patterning to realize thermal tuning. Hence, poly[(vinylidenefluoride-co-

trifluoroethylene] P(VDF-TrFE) was chosen as the dielectric material in one 

dimensional (1D) grating nanostructure in this project to develop active plasmonic 

devices. The 1D gratings were fabricated on P(VDF-TrFE) surfaces by nano-imprint 

lithography; such a technique is scalable for large-area patterning. The thermal tuning of 

SPR was characterized by refractive index measurement and the reflectivity calculation, 

based on the Rigorous Coupled Wave Analysis (RCWA) simulations. The results 
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indicate the feasibility of active modulation in SPR in solid-state nanostructures.  

5.2 Fabrication of plasmonic structure based on ferroelectric polymer P(VDF-

TrFE) 

Nanoimprint lithography was employed in this work and the procedures are 

summarized in Fig. 5.1.  The mole ratio of VDF and TrFE in the copolymer was kept at 

70 to 30. A P(VDF-TrFE) copolymer layer of thickness 200 nm was spin-coated on the 

silicon substrate. A polydimethylsiloxane (PDMS) mold containing a grating pattern 

(period 750 nm, width 375 nm) was then pressed against a 100-150 kPa-pressure at 

180
o
C for 10 minutes, that the grating pattern was transferred onto the P(VDF-TrFE) 

layer. The imprinted layer of P(VDF-TrFE) was annealed at 120
o
C for 2 hours. 25 nm 

of Au was then deposited by sputtering. In order to reduce the plasmonic effect between 

Au and air that would interfere with the results interpretation, a P(VDF-TrFE) layer of 

thickness 230 nm was spin-coated on the gold surface to ensure that there were only 

Au/P(VDF-TrFE) interfaces in the structure. Finally, the sample was annealed at 120
o
C 

for 2 hours again. Fig. 5.2 shows that the depth of grating was around 140 nm, as 

measured by atomic force microscope (AFM). 
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Fig. 5.1 Schematic of process flow for fabrication of Au/P(VDF-TrFE) grating 

structure. 
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Fig. 5.2 AFM image (upper panel) and sectional profile (lower panel) of the grating 

pattern after nanoimprint lithography. The depth of the grating was about 140nm. 

5.3 Characterization of plasmonic structure based on ferroelectric polymer 

P(VDF-TrFE) 

5.3.1 Optical characterization of ferroelectric polymer P(VDF-TrFE) 

The refractive indices of P(VDF-TrFE) at different temperatures were measured by 

ellipsometry performed at different wavelengths, and the results are shown in Fig. 5.3. 

At a wavelength of 633 nm, the refractive index reduces from 1.4009 to 1.3521 as the 

temperature changes from 30
o
C to 130

o
C. Significantly, a thermal hysteresis behavior is 
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observed.  

The temperature dependence of the linear and nonlinear dielectric functions of 

ferroelectric crystallites can be phenomenologically described by the Landau theory of 

phase transition. Within the framework of the Landau theory, the free energy F of a 

ferroelectric crystallite is given by [123] 

𝐹 =  𝐹𝑜 +
1

2
𝛼𝐷2 +

1

4
𝛾𝐷4 +

1

6
𝛿𝐷6    (5.1) 

with the Landau parameters 𝛼, 𝛾 and 𝛿 and electric displacement field D.  

The coefficients 𝜀𝑛, n is positive integer, of the dielectric displacement in terms of the 

electric field E in the power series representation is written as: 

𝐷 = 𝑃𝑜 + 𝜀𝑜𝜀1𝐸 + 𝜀𝑜𝜀2𝐸2 + 𝜀𝑜𝜀3𝐸3 + ⋯    (5.2)     

In the ferroelectric phase, the second-order permittivity depends on the remanent 

polarization Pr
 
and the spontaneous polarization Ps  [124]: 

𝜀𝑜𝜀2 = −𝑃𝑟(𝜀𝑜𝜀1)3(3𝛾 + 10𝛿𝑃𝑠
2)     (5.3) 

The temperature dependence of 1/𝜀1  in the ferroelectric phase gives a criterion: if 

10𝛿𝑃𝑠
2  is small compared to 3𝛾 , then 𝜀2 / 𝜀1

3  is proportional to the remanent 

polarization: 
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𝜀𝑜𝜀2

3(𝜀𝑜𝜀1)3
= −𝑃𝑟   (5.4)  

For P(VDF-TrFE) copolymer of molar ratio 70/30, the phase transition is of first order, 

as is evident from the thermal hysteresis upon heating and cooling. B. Heiler et al. 

claimed there was no thermal hysteresis in 56/44 copolymer blend [125]. 

 

Fig. 5.3 Temperature dependence of refractive index of P(VDF-TrFE) at 633 nm 

incident wavelength, as measured by ellipsometry. 

5.3.2 Computational study of surface plasmon resonance of ferroelectric polymer 

P(VDF-TrFE) 

5.3.2.1 Simulation model  

The simulated reflection spectra were obtained by DiffractMod of RSoft™. The side 
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view of the simulated nanostructure is shown in Fig. 5.4. The thickness of the 

ferroelectric copolymer was 200 nm. The depth and width of the grating structure were 

110 and 375 nm respectively, with a periodicity of 750 nm. The thickness of the Au 

layer was kept at 25 nm, and the Si substrate was regarded as semi-infinite layer in the 

analysis. Transverse-magnetic (TM) polarized light was considered in this investigation. 

The incident wave was launched from air. The refractive indices of P(VDF-TrFE) were 

obtained by ellipsometry measurements. The material database of DiffractMod of 

RSoft™ [66] was adopted for the simulation of dielectric properties of Au and Si, based 

on the combined Drude and multiple Lorertzian models [33]: 

𝜀r(𝜔) = 1 - 𝜔𝑝
2/ 𝜔2    (5.5) 

where 𝜀𝑟 is dielectric constant, 𝜔𝑝 is the plasma frequency of gold in the free electron 

model. 
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Fig. 5.4 Schematic of the simulation model. 

5.3.2.2 Surface plasmon resonance of ferroelectric polymer 

Reflectivity as a function of temperature was used to investigate the plasmonic 

properties of the samples. Fig. 5.5 shows the simulated reflection spectra at 30
o
C, 80

o
C 

and 130
o
C of the structure, in both the heating and cooling parts of the cycle. The 

incident angle of the electromagnetic wave was fixed at 20
o
. The reflection dip is due to 

the coupling between incident wave and surface plasmon modes [39]. The dip positions 

depend on the temperature, and the resonance wavelengths are blue-shifted and red-

shifted during the heating and cooling process, respectively. The shifting is ~16 nm in 

heating process.  
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On the other hand, Fig. 5.6 shows the measured reflection spectra at 30
o
C (RT) and 

130
o
C (HT) with an incident angle of 20

o
 for the light. The simulation results match the 

measurement results. Two results both show that the shifting of resonant wavelength is 

up to ~16 nm between 30
o
C to 130

o
C. Also, Fig. 5.7 shows the simulated reflection 

spectrum based on the measurement of refractive index with different temperatures.  

The hysteresis loop also appears between resonant wavelengths and temperatures. The 

change in resonant wavelength is due to the ferroelectric properties that were discussed 

in the previous section. Similar to the hysteresis loop of refractive indices, the largest 

different between heating and cooling is at 80
o
C. This shows that the position of SPR 

depends on thermal history; the position of SPR of the structure can be tuned by 

external temperature.  
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(a) (b) 

Fig. 5.5 Simulated reflection spectra of 30, 80 and 130
o
C in (a) heating and (b) cooling 

at 20
o
 incident angle. 

 

 

Fig. 5.6 Measured reflection spectra of 30
 o
C and 130

o
C at 20

o
 incident angle. 
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Fig. 5.7 Calculated resonant wavelengths in heating and cooling at 20
o
 incidence angle. 

5.4 Summary  

A periodic ferroelectric copolymer grating nanostructure with a period of 750 nm was 

investigated. A maximum refractive index shift of ~0.0488 was observed, when the 

sample temperature increased from 30
o
C to 130

o
C. A hysteretic behavior of the 

refractive index in the copolymer was observed upon heating and cooling. Simulations 

based on measured refractive indices show that the shifting of SPR wavelength was up 

to ~16 nm, which was significant as compared with previous studies [52]. The change 

in refractive index and resonant reflection dip position depends on the thermal history 

of the sample. Due to the large shifting, the sensitivity in thermal sensing based on 

ferroelectric polymer P(VDF-TrFE) is enhanced.  
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Chapter 6  

Conclusions 

The present research focused on the optical properties of three types of periodic 

plasmonic structures, which were investigated by simulation using the Rigorous 

Coupled Wave Analysis (RCWA) method and experiments.  

First of all, a periodic plasmonic nano-pillar structure was investigated in the interaction 

between the top gold cap and perforated gold film. These interaction between the two 

systems induced CSPR. In CSPR, the incident wave was confined at the surrounding of 

the nano-pillars.  The resonant wavelength of CSPR reduced with the height of the 

nano-pillar exponentially. The dip positions of PSRPs were independent of the height of 

nano-pillars but were dependent on the incident angle. In contrast, the dip positions of 

CSPR were dependent on the height of nano-pillars but were independent of the 

incident angle. The electric field intensity enhancement in CSPR became weaker with 

increasing height of nano-pillars. Lastly, the periodic plasmonic nano-pillar structure 

can be used in for refractive index sensing. 

Secondly, a fractal pattern (center fractal pattern) was investigated in its electric field 

intensity enhancement effect in Au film/glass substrate metal/dielectric system. The 
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effects of three structural parameters (edge length lo, periodicity P and order n) on the 

electric field intensity enhancement and transmission spectra were studied numerically. 

The results showed that the electric field intensity enhancement factor of the periodic 

center fractal patterns became larger with increasing order of the fractal nanostructures. 

By calculating the electric field intensity distribution, it was confirmed that the incident 

electromagnetic wave was confined and enhanced at the center of every basic unit with 

increasing order, and the intensity enhancement factor can reach up to 70. Compared 

with a continuous planar gold film on glass without any pattern, more resonant features 

were observed in the transmission spectra of the fractal nanostructure. Under the same 

period and order, the resonant wavelength increased with the edge length lo of the basic 

unit, and there was a linear relationship among them. 

Finally, a periodic ferroelectric copolymer grating nanostructure with a period of 750 

nm was investigated. A maximum refractive index shift of ~0.0488 was observed, when 

the sample temperature increased from 30
o
C to 130

o
C. A hysteretic behavior of the 

refractive index in the copolymer was observed upon heating and cooling. Simulations 

based on measured refractive index showed that the shifting of SPR wavelength was up 

to ~16 nm. The change in refractive index and resonant reflection dip position depended 
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on the thermal history of the sample. Due to the large shifting, the sensitivity in thermal 

sensing based on ferroelectric polymer P(VDF-TrFE) is also enhanced.  
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